‘(% uorpoesqus
pU®R ¢ UOID9 935) JaU 2} Jo INOIARY] 2y} £pnjs o) uorje[nurs SUIsn 0} pajIosal
sIOljne [RI2A9S ‘spotjaul s1skTeue a[qeordde [e1ausd ou are a1eyy sdutg ‘([91] T 12
uesIRIA suowily) uiIo} [eroads e Jo aq 0} seyf jau 2y jo 48o1odo} o) Io wOLINGLIISIP
Teryusuodxs ue wolj pajdures aq 0} aaRY s£R[op SULIY [[R 212438 2IR SUOTIPUOD 3831}
‘19A9MOF] '$§9001d AOYIRJA[-TUISS ® IO UIRYD AOYIRJA[ ® §® ‘SUOT}IPUOD UTRISD ISPUN
‘papredar aq wed ydei§ Lyiqeyoess oYy souts ‘(£I08y) ur) aqqissod s1 speU Ujeg
ouseyooss Jo stshreuy ([L1] ‘[91] [8]) stou wgag 2spY201s PY[RO BIR S19U IS,
‘SUOTINAUISTp £3171qeqolid £q PaquIdsop sAR[SD IIM [9POUI U U39 J PIUIT} B 95N O
‘9T ‘SUOTINQIIISTP AR[op UIRIISD SWINSS® O} ST ‘AJI[IqRIIRA ST} [9POUI O} AoM JUQ
‘9[qRLIRA 9IR S3T}TATIOR JSOUI JO SUOTIRIND 9} WIa}sLs [RaI ® UI
9sneoaq ‘9a1ssaadxs £19a jou are jnq spoyjewr siskreue sjdurts 10] mofe £9YJ, [2g]
‘lez] ‘[e] ‘[1T] ut pesodoid usaq oaey shelap (STISTUIUIIZIOP) POXY YIIM S}U LI}oJ
‘sfe[ap 0118BYD0)S 10 SLR[ap

POXY }1M [9POUI 12T 1119 ® PasT 2ARY P[NOd am  Sururty [ealsjur, Sutsn jo peajsu]
IPAL2IUL UR 9°T ‘pUROG 42mo) pur saddn ue £q
paymads st ueyoy paonpoid ® Jo fefep (Suuy) oy, fAivpep Hunsyf 1) pajes ST uayo)
poonpoid ® yons jo dureyseurr o1} pue 9wy JULIY o1} Us0m)aq SDUSISYIP ST, "oUIT}
Butry o1y jswe] je Jo dwrejseurny ' Yim suoyo) Sutonpoid Lqalsyy ‘Uolow dlUWIO)R
we sT SULITL “1SIY 21N [[1M 91T} SUI[qRUS }S3[[RUIS 91} [ITM UOTIISURI} 91} 2I0J2IaT}
‘(e1qrssod se uoos se a1y A1) 9'T) oIy 0} 4o6De SIR SUOTJISURI], PAUINSUOD 3q O}
saY0} 21} Jo dUIRISOUIT) WINWITXRUI 91} ST UOTIISURI} ® JO 2wy Suyqpus o], "SU2Y0}
}1M P2IRIDOSSR OSTR ST INOTOD ST} 90UTS ‘§10T 1139 [249]-YS1Y I0] 2010TD [RINIRU 13}
9q 0} SUILPS SUSYO} I oUIT} SUTIRIDOSSY 9[qR[IRAR $9UI0D9Q UAYO} ® SUIT} a1}
sa1R0oTpUT dtIR)SUIT) ST ], "UoY0) £Ia4d 0} dwipgsawiy ® YoR}IR am [9potl NJD LT 21t
up [11] [01] T® 10 291 urA w01} pajdope usaq sey jdaduod Suturty STY], SUIYO) YA
PoIRIDOSS® ST SUIT) SISTM WISTURYISUI SUIIT) MAU IsYjRI ® §asT [opotl NJD LI UL

([g] ‘[e]) 1opow sy wo peseq ST Yeyy \LYSLIT PAIIRD POYILU SISA[RUE UR pUE
1epout (NJDLI) 10N Mi3d Pa4nojoyy pawin] patapuf o) pasn asey oam ssodind sty
10 ‘senbruyoa) sisf[euUR paseq }aU L9 PIoURAPR 210w awios patjdde osTe am ‘Apnys
UOTJR[NUIIS STU} SIPISOE 'SUIT} }IM PIPUIIXD [9POUI U 119 J PIINOOd B UO PIseq
st poadgxyy esodind sty 10y ([g]) oedgwg o8eyoed aremijos a1y pasn aaey 31,
‘([z2] ‘[12] 29s) uonyeys ® Jo LINjoNI}SRIFUT 91} pue so[npayos Suryersdo uorye)s Yjoq
9)BNTRAS 0} [9POUI UOT}RINUITS [RISUE ® padofassp sey N 213 ‘A3ojoutda], Jo £31sI0a
-1} UsA0Ypuly pue £8ofoutda], Jo £31s1eATun) JJ[2( ‘ISTULYYRY itm uoijeiadood uf

‘("210 ‘sjuTRIISUOD [ROTUTDLY) ‘SIUTRIISUOD K)ofes
*8'9) sjurRIISUOD JO IoqUINU ® £JSTIRS 0 sB a[npatPds Surjeiado UoTiRS 91} ‘I9A0IIOTAT

‘suiropyerd (Jo jes) aures oty
o0y paufisse aq p[uoys uotyeuryssp reorydeifoss sures oy} Yiim surer) ‘siqissod Jjj o

‘olqissod se [[RUIS §® 9Q PINOYS SUTRIY
Jo semuny indySnolry o1y o1 ‘suter) jo Surirem £IRSSE09UUN OU aq PINOYS SILY],

MIIJO "'V'IN ANV LSTVV 43d NVA 'd WM 4

squatndotesa(
oygeay, jo juetnjreda( (SN) Aueduron Lemrey YPIN( 273 Y3m woryerado-0o ul pue jo 1opio g "
‘POPIOAR aq
PInOYS ‘SuTeI} pakR[ap JO 9PROSEO B S9SNRD UIRI) 9UIOS A PalInoul LB[op ® 2Ialm
atnpatos Sunjeisdo ue a1 ‘4snqol aq plnoys snpatyss Surjerado uoliels oYY, e

elI9y1I0 £y1Rnb

JO IoqUINU ® 0} UIIOJUOD JBY} sanpatos Surjeisdo uorjels je surre gN Y], 'so[n
-payos Surperado uotyels SNOLIRA 98A[RUR O SR §N 91} SIMIONIISRIJUT M B TIATL)

‘suolels LemiTel 98I UT [0I3U0D OIFeRI} Jo £31enb 1) suTUIIalLp 0} sonbiutdey

pue s[oo) 10J Suryool st gN 213 ‘s300lo1d juemdoressp woTiRyS A]1500 2891} S)RNTRAS

0} 9[q® aq O, 210 ‘Sa1dIIms ‘SUOII0s WorIl ‘syoel} wiiojje(d Surppe £q papuslxe

a1 suoryels Sunstxy -sjosloid justuido[assp UOTIRYS 98TR] [RISASS UT PIATOAUT ATJUSI

-InD ST GN 913 1B} 10BJ 91} UIOI} SUIS}S }§2I8JUT SIUJ, SUOTIR)S 98IR] UT SUTRI} JO

Surpuey oyy Sursordurr ur pajserajut £1ea st (§N) Aueduwiory femirey yoaIn( SY[,

uonponpoljuy 1

suotjes Lemfrel ‘s1oU 1139 Pawl} Jo sisd[ete ‘s1oU 1139 :spIomAa3]

‘suorye)s Lemyred asf{etre 03 PosT oq Wed jey3 SPoTIRW (paseq 1oU 132 J) I9TI0 SSTLISTP
osTe T[4 9Ap TeAIqUI Ue £q paquidsep are sfe[ep ety 1oe] o1 syrojdxe pue ydeid Ljqiqerress
PoONPaI © §10TLIISTOD POT[IOT STYJ, *19U 2T} Jo Inolaetaq [eroduiay o1y ask[eue 01 poylawr siskeue
MOU B 9SM am ‘870U L1j0d PaInofod Ioj senbrutpe sisd(eue Sursixe oY) 01 WoTyIppe ul sisk[eue
TeuLio] jo £yqiqussod oty Sutsool notiim ‘sweysks xordurod pue o8rel jo Inotaetaq dtureulp oY)
Jo Surepour a1} I0] smo[[e [PPoUI NJDJI] 2UJ, ‘[eAI|UI we ‘o1 ‘punoq temol pue teddn we £q
poywads st Le[ap sTy], ‘UsYo] peonpord Toes 1o Le[ep ® SUINLIISP SUOIJISURI) PUe SULYO) UL ST
auIr} {oTT) YILM PRPULIXe JoU LIjed PaInofod e st (NJDJI) 19U 3o Padno[od pauiry [ealsjul uy

‘WOTEYS © JO SINJONIISLIUT S PUe S[NPTYIS
Surjerado wotye)s T10q 2penfess 0] pasn aq wed foeordde ST eI MOYS [[IM PAA 'STOTIE)S Kemrer
as{Teue pue [ppow 03 pesn axe ([¢]) srau wipag paunojoo pawy ppasspus Teded sty U *PoRIISAY

spuDMRYIAN 4L, ‘W2d ‘D 8898
‘¥ bamyayapy ‘Abojouyoay fo fnsuanupy 1f)ag ‘eouatog bunnduioy pun sonvwayvpy fo juaunsndaq

T Yrepny wmigilpe ArIao "v-n

SpUDMRYIAN Y], UBAYPUST ‘TN 0099 ‘€TS Tod
*0°d “Abojouyoa] fo fnsuantupy uaaoypusyg ‘aousatog bunndusoy puv sonvwayvpy fo yusunandaqg
W en) UTAGEeMTIS M LSTVV ¥dd NVA 'dIW' M

. S19N] 118 peIno[o)) poul], [eAIsju]
Jo sueoy Aq suolje)g Aemlrey Jo sisA[euy

‘SPUP[IETI2N PTJ, UT PaIMIIeIAUR U0ISOg ‘SIS IWIPRIY I0MNTI F66T @
(¥661) £7-T ‘6 ‘swayshg awr],Teay]



PETRI NET BASED ANALYSIS OF RAILWAY STATIONS 3

si1 s12 s13 si4 plL p12 15 16
I ! ! ! ! ! ! ! |
A T T T T T T T { D
ES
21 <22 23 24 25 26
B | ! ! ! ! ! ! ! | E
! T T T T T T T |
p21 p22
s
c oo = - ! e e L E
! T T T T T T T T |
35 <6
pa1 p42

Figure 1. A railway station

To avoid these problems, we propose delays described by an interval specifying
an upper and lower bound for the duration of the corresponding activity. On the
one hand, interval delays allow for the modelling of variable delays, on the other
hand, it is not necessary to determine some artificial delay distribution (as opposed
to stochastic delays). Instead, we have to specify bounds. These bounds can
be used to verify time constraints. This is very important when modelling time-
critical systems, i.e. real-time systems with ‘hard’ deadlines. These hard (real-time)
deadlines have to be met for a safe operation of the system. An acceptable behaviour
of the system depends not only on the logical correctness of the results, but also
on the time at which the results are produced. Clearly, the control of a railway
junction is an example of such a system.

Now, let us focus on the the problem addressed by this paper. In this paper we study
a station and its access lines, i.e. a railway junction. The network of platforms,
accesslines, switches and track sections can be represented by a graph (see figure 1).
In this particular example there are 6 access lines (4, B, ..) and 8 platforms or parts
of a platform (p11, p12, ..). Note that platforms, switches and track sections are
divided into logical sections. At any moment a section is either free of occupied.
A section is occupied if it is claimed (locked) by some train. Two trains cannot
occupy a section at the same time. There are three possible reasons for occupying
a section: (1) a train resides on the section, (2) the train will visit the section in
the near future or (3) the section is locked for safety reasons only.

We assume that the route-locking sectional-release principle (Bourachot [7]) is
used, i.e. a train which arrives claims an entire route (a list of sections), a section
is cleared when the train tail passes the release point of this section. An example of a
route from entry point & to exit point Eis: s11,s12,s13,514,p11,55,p22,525,526.
A train t may enter the first section if and only if all the sections on that route are
free and subsequently these sections become claimed by train ¢. A claimed section
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is occupied and it cannot be claimed by any other train until it is released. If a
train has to stop at a specific platform, then we identify two separate routes: one
from the entry point to the platform and one from the platform to the exit point
(e.g. s11,s12,513,s14,p11,s85,p22 and p22,s25,526).

Given arrival times of trains, stopping times and timing characteristics of sections,
platforms, trains, etc. we want to analyse: (1) throughput and waiting times of
trains and (2) occupation rates of sections. In this paper we will show that we can
use an approach based on interval timed coloured Petri nets to calculate upper and
lower bounds for these performance figures.

In section 2 we introduce the ITCPN model. Section 3 deals with the analysis of
interval timed coloured Petri nets. In this section, we describe the MTSRT analysis
method. In section 4 we show how a station can be modelled in terms of an ITCPN.
We will also show some analysis results obtained by applying the MTSRT method
and other more traditional analysis methods.

2. Interval Timed Coloured Petri Nets

In this section we give an informal introduction to the ITCPN model. The formal
definition is given in appendix A. For the formal semantics of the ITCPN model
the reader is referred to [2] or [3]. We use an example to introduce the notion of
interval timed coloured Petri nets. Figure 2 shows an ITCPN composed of four
places (train_in, busy_section, free_section and train_out) and two transi-
tions (enter and leave). At any moment, a place contains zero or more tokens,
drawn as black dots. In the ITCPN model, a token has three attributes: a position,
a value and a timestamp, i.e. we can use the tuple {{p, v}, z} to denote a token in
place p with value v and timestamp . The value of a token is often referred to as
the token colour. Each place has a colour set attached to it which specifies the
set of allowed values, i.e. each token residing in place p must have a colour (value)
which is a member of the colour set of p.

The ITCPN shown in figure 2 represents a section in a railway station, trains
arrive via place train_in and leave the system via place train_out. Sections are
either ‘free’ or ‘busy’. Each section is represented by a token which is either in
place busy_section or in place free_section. There are three colour sets 7 = {
T1, T2, T3, .. }, & ={s1, 82, 83, .. }and 7 x S. Colour set 7 (train
types) is attached to place train_in and place train_out, colour set S (section
identifiers) is attached to place free_section. Colour set 7 x § is attached to
place busy_section.

Places and transitions are interconnected by ares. Each arc connects a place
and a transition in precisely one direction. Transition enter has two input places
(train_in and free_section) and one output place (busy_section). Transition
leave has one input place (busy_section) and two output places (train_out and
free_section).
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busy_section

train_out

train_in [13] O
free_section I = O

<<train_in,T1>1>
enter Ieave

<<free_section,S1>,1>

Figure 2. An interval timed coloured Petri net which models one section

Places are passive components, while transitions are the active components. Tran-
sitions cause state changes. A transition is called enabled if there are ‘enough’
tokens on each of its input places. In other words, a transition is enabled if all
input places contain (at least) the specified number of tokens (further details will
be given later). An enabled transition may occur (fire) at time ¢ if all the tokens
to be consumed have a timestamp not later than time . The enabling time of
a transition is the maximum timestamp of the tokens to be consumed. Because
transitions are eager to fire, a transition with the smallest enabling time will fire
first.

Firing a transition means consuming tokens from the input places and producing
tokens on the output places. If, at any time, more than one transition is enabled,
then any of the several enabled transitions may be ‘the next’ to fire. This leads to
a non-deterministic choice if several transitions have the same enabling time.

Firing is an atomic action, thereby producing tokens with a timestamp of at least
the firing time. The difference between the firing time and the timestamp of such a
produced token is called the firing delay. This delay is specified by an interval,
i.e. only delays between a given upper bound and a given lower bound are allowed.
In other words, the delay of a token is ‘sampled’ from the corresponding delay
interval. Note that the term ‘sampled’ may be confusing, because the modeller
does not specify a probability distribution, merely an upper and lower bound.

Moreover, it is possible that the modeller specifies a delay interval which is too
wide, because of a lack of detailed information. In this case, the actual delays (in
the real system) only range over a part of the delay interval.

The number of tokens produced by the firing of a transition may depend upon the
values of the consumed tokens. Moreover, the values and delays of the produced
tokens may also depend upon the values of the consumed tokens. The relation
between the multi-set of consumed tokens and the multi-set of produced tokens
is described by the transition function. Function F'(enter) specifies transition
enter in the net shown in figure 2:

dom(F(enter)) = {(train_in, ¢} + {free_section,s) [t €7 and s €S}

Fort e 7 and s €S, we have:
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busy_section

13 <<busy_section,<T1,51>>,3>
train_in 3 @ traln out

free section

enter Ieave

Figure 3. Transition enter has fired

F(enter)({train_in,t} + (free_section, s}) = {{busy_section, (¢, s}},[1, 3]}

(Note that {train_in, ¢} 4 (free_section, s} and {{busy_section, (¢, s}},[1,3]} are
multi-sets, see appendix A.1.) The domain of F(enter) descrlbes the condition
on which transition enter is enabled, i.e. enter is enabled if there is (at least)
one token in place train_in and one token in free_section. This means that
transition enter may occur if there is a train waiting to enter the section and the
section is free. Note that, in this case, the enabling of a transition does not depend
upon the values of the tokens consumed. The enabling time of transition enter
depends upon the timestamps of the tokens to be consumed. If enter occurs, it
consumes one token from place train_in and one token from free_section and it
produces one token for place busy_section. The colour of the produced token is a
pair {t, s}, where ¢ represents the train and s represents the section. The delay of
this token is an arbitrary value between 1 and 3, e.g. 2, 2.55 or 4/3. The situation
shown in figure 3 is the result of firing enter in the state shown in figure 2. In this
case the delay of the token produced for busy_section was equal to 2.
Transition leave is specified as follows:

dom(F(leave)) = {{busy_section,{t,s}) |t €7 and s€ S}
Fort €7 and s €S, we have:

F(leave)({busy_section,{t, s}}) =
{{train_out,t}, [0, 0]} + ({free_section, s}, [0, 0]}

Transition leave is used to represent trains leaving the section. If leave occurs, it
consumes one token from place busy_section and it produces two tokens (one for
train_out and one for free_section) both with a delay equal to zero. If leave
occurs in the state shown in figure 3, then the resulting state contains two tokens:
({train_out,T1},3) and {{free_section, $1},3).

3. The MTSRT Method

In the ITCPN model, a delay is described by an interval rather than a fixed value or
some delay distribution. On the one hand, interval delays allow for the modelling
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answer many questions about the behaviour of the system. However, for an ITCPN
this graph is generally infinite! This is mainly caused by the fact that we use interval
timing. Consider an enabled transition ¢. In general, there is an infinite number
of allowed firing delays, all resulting in a different state. If transition ¢ produces
a token for a place with a delay @ specified by the delay interval [1, 3], then every
delay  between 1 and 3 is allowed. Moreover, every & leads to a different state.
Since one firing already results in a ‘fan-out’ of reachable states, the reachability
graph cannot be used to analyse the system.

To avoid this fan-out problem, we propose a reduction which aggregates states into
state classes. Informally speaking, state classes are defined as the union of sim-
ilar states having the same token distribution (marking) but different timestamps
(within certain bounds).

A state s of an ITCPN is a multi-set of tuples {{p, v}, ). Each tuple {{p, v}, z}
corresponds to one token in the net; p is the location of the token (i.e. the place
where it resides), v is the value (colour) of the token and « is the timestamp of the
token (i.e. the time it becomes available).

A state class 3 is also a multi-set of tuples {{p,v},[y, z]). Each tuple also corre-
sponds to one token in the net. However, instead of a timestamp each token has a
time-interval. Each state class corresponds to a set of states and vice versa. State
class ¥ corresponds to state s if and only if there is a bijection between the tokens
in ¥ and s such that {{p, v}, [y, 2]} is mapped onto {{p, v}, &} with = € [y, 2] (ie. a
token residing in the same place, having the same value and a timestamp which is
within the time-interval [y, z]). We can think of these state classes as some kind of
equivalence classes.

By using this reduction each token bears a time-interval instead of a timestamp.
Therefore, we have to modify the firing rules described in section 2.

A transition is still enabled if there are enough tokens on each of its input places.
However, the enabling time of a transition ¢ is given by an interval! The lower
bound of this interval is the minimal enabling time and upper bound of this
interval is the maximal enabling time of ¢. These bounds are calculated by
taking the maximum of the upper and lower bounds of the time-intervals of the
tokens to be consumed respectively. We will use an example to clarify the modified
firing rule.

Consider the net shown in figure 5. Initially, there is one token in place pl with
an interval of [0, 3], there is one token in p2 with an interval of [2,5] and there is
one token in p3 with an interval of [4,6]. Note that this state class 3 corresponds
to an infinite number of states in the original reachability graph, for instance the
state with a token in pl with timestamp 2.4 and a token in p2 with timestamp 7
and a token in p3 with timestamp 31/6. Both transitions are enabled. If transition
t1 fires first, then the tokens in pl and p2 are consumed, if transition ¢2 fires first,
then the tokens in p2 and p3 are consumed. The enabling time of ¢1 is between 2
(ETmin(t1)) and 5 (ETymqs(t1)), the enabling time of ¢2 is between 4 (ETmin(12))

10 W.M.P. VAN DER AALST AND M.A. ODIJK

[03]

[0.2]

o D

[13]

p3

Figure 5. An example used to illustrate the modified firing rule

and 6 (ETpes(t2)). The transition with the smallest enabling time will fire first.
Since the intervals associated to the enabling times of the transitions (i.e. [2, 5] and
[4,6]) overlap it is not determined whether ¢1 or ¢2 fires first. However, the upper
bound of the transition time (MTmqe(3)) is equal to 5, i.e. a transition will fire
before or at time 5. If ¢1 fires, it will be between 2 (ET (1)) and 5 (MT ez (3)).
If ¢2 fires, it will be between 4 (ETyixn(t2)) and 5 (MTma=(%)). In both cases a
token is produced for place p4. There are two possible terminal states: one with a
token in p3 and p4 and one with a token in pl and p4. In the first case the time
interval of the token in p4 is [2, 7], because the delay interval of a token produced
by t1is [0, 2]. In the second case the time interval of the token in p4 is [5,8]. Using
intervals rather than timestamps prevented us from having to consider all possible
delays in the intervals [0,2] and [1,3], i.e. it suffices to consider upper and lower
bounds.

In Van der Aalst [2] and [3] a formal definition of these alternative semantics are
given. If we use these semantics to construct a reachability graph, we obtain the
reduced reachability graph which is finite for any practical application (see [2]).
The alternative semantics have been introduced for computational reasons only.
However, calculating the reduced reachability graph only makes sense if the reduced
reachability graph can be used to deduce properties of the original reachability
graph which represents the behaviour of the ITCPN. Therefore, we have to prove
that there exists some meaningful relationship between the original reachability
graph and the reduced reachability graph. Fortunately, the alternative semantics
are ‘sound’ which means that any state reachable in the original reachability graph
is also reachable in the reduced reachability graph. A formal proof is given in [2]
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Figure 6. A simple railway station

and [3]. In these references it is also shown that the opposite is not true, i.e. the
alternative semantics are not ‘complete’.

Despite the non-completeness, the soundness property allows us to answer various
questions. We can prove that a system has a desired set of properties by proving
it for the modified transition system. For example, we can often use the reduced
reachability graph to prove boundedness, absence of traps and siphons (deadlocks),
etc. The reduced reachability graph may also be used to analyse the performance
of the system modelled by an ITCPN. With performance we mean characteristics,
such as: response times, occupation rates, transfer rates, throughput times, failure
rates, etc. The MTSRT method can be used to calculate bounds for these perfor-
mance measures. Although these bounds are sound (i.e. safe) they do not have
to be as tight as possible, because of possible dependencies between tokens (non-
completeness). However, experimentation shows that the calculated bounds are
often of great value and far from trivial. Moreover, we are able to answer questions
which cannot be answered by simulation or the method proposed by Berthomieu
et al. [6].

We have modelled and analysed many examples using the approach presented in
this paper, see Van der Aalst [1], [2] and Odijk [20]. To facilitate the analysis of
real-life systems we have developed an analysis tool, called JAT ([2]). This tool
also supports more traditional kinds of analysis such as the generation of place and
transition invariants. IAT is part of the software package FuSpect (see ASPT [5],
Van Hee et al. [11] and Van der Aalst [2], [4]).

4. Analysis of railway stations
4.1. Modelling a railway station

In this section we show how to model a railway station, i.e. a junction of railways,
in terms of an interval timed coloured Petri net. Figure 6 shows a railway junction
which is divided into a number of sections. Each of the sections p1l and p2 cor-
responds to a platform. There are two switches; one in section s2 and one in s3.
We assume that every train arrives via entry point A and leaves via exit point B.
In this case there are two routes, one via platform p1 (route r1) and the other one
via platform p2 (route r2).

12 W.M.P. VAN DER AALST AND M.A. ODIJK

fLbegin lookrl gy releaserisl gyp releaerl® 3 rdemerlpl 14 rdeserls3 15 rdeserlst 1 end

O—-O

O O—-0O

12_begin jock_r2 21 rdeaser2sl 22 rdemer2 2 23 rdemer2pe 24 rdesser2s3 25 redeaser2ss r2-end

Figure 7. An ITCPN for a simple railway junction

When a train enters a section, it takes between 0.40 and 0.45 minutes to release

this section. Stopping alongside a platform takes between 4 and 6 minutes. We can
specify a route by a list of sections and durations:
ri: s1[0.4,0.45] s2[0.4,0.45] p1[4,6] s3[0.4,0.45] s54[0.4,0.45]
r2: s1[0.4,0.45] s2[0.5,0.55] p2[4,6] s3[0.5,0.55] 54[0.4,0.45]
Note that each duration is specified by an interval, i.e. an optimistic and a pes-
simistic estimate. Given such a specification of the possible routes inside the rail-
way station, we have sufficient information to construct the corresponding ITCPN
shown in figure 7. Each section corresponds to a place (s1, s2, pl, p2, s3 and
s4) and each route corresponds to a subnet which locks and releases sections.

We use the route-locking sectional-release principle. Trains for route r1 enter via
place r1_begin. If such a train arrives and the sections s1, s2, pl, s3 and s4
are free, then transition lock_r1 fires. (Otherwise the train has to wait until the
specified sections are released.) Transition lock_rl consumes a token from each
place which represents a section on route ri. Transition lock_rl produces a to-
ken for place ri_1 with a delay between 0.40 and 0.45 time units. Transition
release_rl_sl releases section s1 and produces a token for place r1_2 with a delay
between 0.40 and 0.45 time units, etc. Transition release_r1_s4 releases the last
section locked by the train and produces a token for r1_end. Note that each of the
places rl_begin, ri1, r1i.2, .. ,rl_end corresponds to a stage in process of
using route r1. Route r2 is modelled in a similar way (see figure 7).
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fLbegin lookrl gy releaserlsl gqp releaerl® g3
lock_r1_2

release 11 pl ) 4 releaserls3 15 releaserlsd g end
r1_cont = = -

I r2_cont : I :
- Telease 12 p2 24 ~fdease 123 25 fdease 12 4 r2.end

lock_r2_2

12 begin  jock_r2 21 rdeaser2sl 22 rdeaser2s2 123

Figure 8. The modified ITCPN

To support the construction of such a net, we have developed a tool which auto-
matically translates the specification of the possible routes into an ITCPN.

We have to modify the net shown in figure 7 if there are trains that claim only a
part of the route. Consider for example a train locking the route from the entry
point until the platform. When this train is ready to leave the platform, the second
part of the route is locked. We can modify the net shown in figure 7 to model this
principle, see figure 8. A train which follows route r1 first locks sections s1,s2 and
pl, then just before this train leaves the platform p1, the sections s3 and s4 are
locked.

It is also possible to model alternative routes, etc. Since the nets can be generated
automatically the size and complexity of these nets is not a real problem. (Note
that the size of the net is linear in the number of routes and sections.)

In the remainder of this section we will show how we can analyse such a net which
represents railway junction. First, we will discuss the application of analysis tech-
niques to derive structural properties of the net. Secondly we will apply the MTSRT
to analyse the dynamic behaviour of a railway station. Finally, we focus on the
simulation study that has been performed to analyse the railway station in Arnhem
(The Netherlands).

14 W.M.P. VAN DER AALST AND M.A. ODIJK

4.2. Structural analysis

Several analysis methods have been developed to find and verify structural proper-
ties of classical Petri nets ([19], [24], [18]). Although some of these techniques have
been extended to nets with ‘colour’, most of them are only feasible for uncoloured
nets. Since the nets considered in this section are uncoloured, we can apply these
methods without any problems.

Let us start with the calculation of place and transition invariants for the net shown
in figure 7.

A place invariant (P-invariant) is a weighted token sum, i.e. a weight is associated
with every token in the net. This weight is based on the location (place) and the
value (colour) of the token. A place invariant holds if the weighted token sum of
all tokens remains constant during the execution of the net. Consider for example
the following place invariant:

ribegin + r11 + 112+ 113 + 114+ 115+ riend=C

This invariant says that trains on route r1 do not get ‘lost’; i.e. the total number of
tokens in the places r1_begin, r1.1, r1.2, r1.3, r1_4, r1.5and ri_end cannot
be changed by the firing of any transition. Another invariant is:

st +r1i1 + 121 =1

This invariant shows that section si1 is ‘safe’, i.e. only one train is allowed to
lock a section at the same time. Similar invariants hold for route r2 and the other
sections.

Transition invariants (T-invariants) are the duals of place invariants and the basic
idea behind them is to find firing sequences with no effects, i.e. firing sequences
which reproduce the initial state. The net shown in figure 7 has no transition
invariants. However, if we add a transition ri1_wait with input place r1_end and
output place ri_begin, then we find the following transition invariant:
lock_rl + release_rl_sl + release_rl s2 + release_rl pl +
release_rl_s3 + release_rl_s4
This means that firing each of these transitions once results in the initial state.
Many algorithms and tools have been developed to calculate invariants (see [2],
[19], [24], [18])

2 . R
A p— —_— s

Figure 9. A railway station with a potential ‘deadlock’

There are also some less trivial structural properties that can be investigated by
applying Petri net based analysis techniques. Consider for example the station
modelled in figure 9. Suppose there are two routes; one from 4 to B (r1) and one
from B to & (r2). Trains using route r1 stop alongside platform p1 and trains using
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route r2 stop alongside platform p2. Suppose two trains arrive at the same time
from different directions; train 1 locks s1 and p1 and train 2 locks s2 and p2 (see
section 4.1). Now both trains become blocked, i.e. a ‘deadlock’ occurs. For this
simple railway station the existence of this deadlock is obvious, however for real
stations it is hard to detect these potential deadlocks. Note that in a terminal
station there may be many potential deadlocks.

Fortunately, we can find these deadlocks by applying Petri net based analysis
techniques. First, we connect the entry and exit places by adding transitions (e.g.
ri_wait). Then, we determine whether the net is structurally live. A net is struc-
turally live if and only if there is an initial state s such that for any transition ¢
and any state reachable from s there is firing sequence possible that fires transition
t (see Murata [19]). There is a direct relation between the blocking of a train and
this liveness property; a deadlock of trains is possible if and only if the net is not
structurally live. There are special techniques to determine liveness. We can also
construct the occurrence graph to find these deadlocks.

16
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BFa: s21[0.4,0.45] $22[0.4,0.45] s23[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p31[4.0,6.0] p32[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]

4.3.

We are also interested in the dynamic properties of an ITCPN which models a

Applying the MTSRT method

railway station. Interesting performance measures are:

throughput (or waiting) times of trains,

occupation rates of sections.

Consider for example the railway station shown in figure 10. For this railway

station we define the following set of routes:

1. ADa: s11[0.4,0.45] s12[0.4,0.45] s13[0.4,0.45] s14[0.4,0.45]
p11[4.0,6.0] p12[0.0,0.0] s15[0.4,0.45] s16[0.4,0.45]

2. AFa: s11[0.4,0.45] s12[0.4,0.45] s23[0.4,0.45] 524[0.4,0.45)]
p21[4.0,6.0] p22[0.0,0.0] s25[0.4,0.45] 526[0.4,0.45]

3. AEb: s11[0.4,0.45] s12[0.4,0.45] s13[0.4,0.45] s14[0.4,0.45]
p11[0.4,0.45] s5[0.4,0.45] p22[0.4,0.45] 525[0.4,0.45] s26[0.4,0.45]

4. AFa: s11[0.4,0.45] s12[0.4,0.45] s23[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p31[4.0,6.0] p32[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]

5. AFb: s11[0.4,0.45] s12[0.4,0.45] 523[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p41[4.0,6.0] p42[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]

6. BDa: 521[0.4,0.45] 522[0.4,0.45] s23[0.4,0.45] s24[0.4,0.45]
p21[4.0,6.0] $5[0.0,0.0] p12[0.0,0.0] s15[0.4,0.45] s16[0.4,0.45]

7. BFa: 521[0.4,0.45] $22[0.4,0.45] 523[0.4,0.45] s24[0.4,0.45]

p21[4.0,6.0] p22[0.0,0.0] s25[0.4,0.45] s26[0.4,0.45]

9. BFb: 521[0.4,0.45] s22[0.4,0.45] 523[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p41[4.0,6.0] p42[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]
10. CFa: s31[0.4,0.45] 532[0.4,0.45] s33[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p31[4.0,6.0] p32[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]
11. CFb: $31[0.4,0.45] s32[0.4,0.45] 533[0.4,0.45] s34[0.4,0.45]
$35[0.4,0.45] p41[4.0,6.0] p42[0.0,0.0] s36[0.4,0.45] s37[0.4,0.45]
si1 s2 13 si4 p11 p12 15 16
A L L L L L L
f T T T T T T
E
21 <22 23 24 25 26
| L L L L L L L ]
B | T T T T T T T { E
p21 p22
<1 32 33 34 <7
p31 p32
C l l l -t l = | F
o\ U /o
pa1 p42

Figure 10. A railway station

Route 4Fb runs from entry point 4 to exit point B via platform p41. Trains using
route AEb move from entry point & to exit point E via section s5 without stopping.
The time required to pass a section is assumed to be between 0.40 minutes and 0.45
minutes. Note that this interval may depend upon the characteristics of the route
and the section.

We can automatically transform this description into an interval timed coloured
Petri net as shown in section 4.1. The generated net contains 107 transitions and
146 places, 28 places are used to represent the sections (s11, .. s37) and the
other places mark stages of trains using a specific route.

The initial state of this net is generated on the basis of a given timetable. Table 1
shows the first timetable we are going to analyse. The timetable describes arrivals
of trains for a specific hour. Since most stations use an hourly schedule during
daytime, it is reasonable to analyse one hour in isolation. Each place which marks
the beginning of a route contains the appropriate number of tokens bearing a proper
timestamp, e.g. place ADa_begin contains two tokens, one with timestamp 0 and
the other with timestamp 30.

Since we have an ITCPN and an initial state, we are able to apply the MTSRT
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Arnhem

Figure 11. An animation of the railway station Arnhem

4.4. Simulation

Another approach to this problem was performed by the Dutch Railway Company
(NS) in cooperation with Bakkenist, Delft University of Technology and Eindhoven
University of Technology. This approach is also based of Petri nets, but uses sim-
ulation to analyse station operating schedules and infrastructures. The software
package ExSpect has been used to model the dynamic behaviour of trains in a
station in much more detail. Parameters of this model are lengths of platforms
and sections, characteristics of trains (length, acceleration, maximum speed, etc.),
track layout, alternative routes, preference structures, etc. The graphical interface
can be used enter these parameters and the resulting Petri net can be simulated
by ExSpect ([21], [22]). During the simulation it is possible to monitor train move-
ments, conflicts, etc. At the end of each run statistics like average waiting times,
occupation rates, etc. are reported. It is even possible to animate the railway
station, see figure 11.

If we compare this simulation approach with the approach based on the ITCPN
model, we see some striking differences. The simulation model is much closer to the
actual situation than the ITCPN model described in section 4.1. However, there is
a lot of data required to start up the simulation and the simulation runs cannot be
used to prove properties!

5. Conclusion

In this paper we have used ITCPN’s to model and analyse railway stations. The
ITCPN model uses a new timing mechanism where time is associated with tokens
and transitions determine a delay specified by an interval. Specifying each delay
by an interval rather than a deterministic value or stochastic variable is promising,
since 1t is possible to model uncertainty without having to bother about the delay
distribution.

20 W.M.P. VAN DER AALST AND M.A. ODIJK

We have shown that the MTSRT method can been used to analyse throughput
and waiting times of trains in railway stations. This MTSRT method constructs
a reduced reachability graph. In such a graph a node corresponds to a set of
(similar) states, instead of a single state. The reduced reachability graph can be
used to prove certain properties or to calculate accurate bounds for all kinds of
performance measures (e.g. throughput times, waiting times, occupation rates).
The bounds calculated for these performance measures are always valid. Therefore,
the proposed approach is extremely useful when evaluating the design of a time-
critical system like a railway station.

Moreover, other Petri net based analysis techniques can be used to detect poten-
tial deadlocks of trains, etc.

We also used simulation to do a more detailed analysis of the dynamic behaviour
of the railway station in Arnhem.

References

1. W.M.P. van der Aalst. Modelling and Analysis of Complex Logistic Systems. In H.J. Pels
and J.C. Wortmann, editors, Integration in Production Management Systerns, volume B-7
of IFIP Transactions, pages 277-292. Elsevier Science Publishers, Amsterdam, 1992.

2. W.M.P. van der Aalst. T¥med coloured Petr: nets and their application to logistics. PhD
thesis, Eindhoven University of Technology, Eindhoven, 1992.

3. W.M.P. van der Aalst. Interval Timed Coloured Petri Nets and their Analysis. In M. Ajmone
Marsan, editor, Application and Theory of Petri Nets 1993, volume 691 of Lecture Notes in
Computer Science, pages 453-472. Springer-Verlag, New York, 1993.

4. W.M.P. van der Aalst and A.W. Waltmans. Modelling logistic systems with EXSPECT.
In H.G. Sol and K.M. van Hee, editors, Dynamic Modelling of Information Systems, pages
269-288. Elsevier Science Publishers, Amsterdam, 1991.

5. ASPT. EzSpect 4.1 User Manual Eindhoven, 1993.

6. B. Berthomieu and M. Diaz. Modelling and verification of time dependent systems using
Time Petri Nets. JEEE Transactions on Software Engineering, 17(3):259-273, March 1991.

7. J. Bourachot. Computer-aided planning of traffic in large stations by means of the AFAIG
model. Rasl International, May:2-18, 1986.

8. G. Florin and S. Natkin. Evaluation based upon Stochastic Petri Nets of the Maximum
Throughput of a Full Duplex Protocol. In C. Girault and W. Reisig, editors, Application
and theory of Pelri nets: selected papers from the first and the second European workshop,
volume 52 of Informatik Fachberichte, pages 280-288, Berlin, 1982. Springer-Verlag, New
York.

9. C. Ghezzi, D. Mandrioli, S. Morasca, and M. Pezze. A unified high-level Petri net formalism
for time-critical systems. IEEE Transactions on Software Engineering, 17(2):160-172, Feb

1991.
10. K.M. van Hee. Information System Engineering: a Formal Approach. Cambridge University
Press, 1994.

11. K.M. van Hee, L.J. Somers, and M. Voorhoeve. Executable specifications for distributed in-
formation systems. In E.D. Falkenberg and P. Lindgreen, editors, Proceedings of the IFIP TC
8 / WG 8.1 Working Conference on Information System Concepts: An In-depth Analysis,
pages 139-156, Namur, Belgium, 1989. Elsevier Science Publishers, Amsterdam.

12. P. Hubner, A.M. Jensen, L.O. Jepsen, and K. Jensen. Reachability trees for high level Petri
nets. Theoretical Computer Science, 45:261-292, 1986.

13. K. Jensen. Coloured Petri Nets. In W. Brauer, W. Reisig, and G. Rozenberg, editors,
Advances in Petri Nets 1986 Part I: Petri Nets, central models and their properties, volume
254 of Lecture Notes in Computer Science, pages 248-299. Springer-Verlag, New York, 1987.



$MO[[O] §® §19T 139 PRINO[0D PIUIT) [RAIDIUT UR SULSDP IAA

2SS Ay (2] 3 @ weyy (LN D [#] pue 573 @
‘S[RAIDUT PAsOd [[® Jo 19s a1y sjuasaider {z S A | .7 x §.1 2 [#‘A]l} = INT
‘sTeal aaTiRS0U-TOU
e jo jes oy o1 {0 < & | W 2 &} = & ‘p9s dwy oy} st g ] ‘uolIuya(
‘oM Op 0§ ‘UTRTIOP 9UIT STLOTUIILOD ® 3§T S]OPOUI 12U L2 J Patl} [T A[IRaN
1] ‘Tr1] ‘[e1] ussusp 238 (NAD) $19N 1194 Paino[oy)
JO UOTJTUYAP 21} 0 I9SO[D ST YITYM UOTITUYSP © 9418 am Iaded sty ur ‘Tossmof] [g]
Ul paquIossp [epoul a1} o} snodoreue st 1aded sty ut pajusserd [epow NJOII 2UL

$)9N Mjad paInojo) pawml], [eAdaju] jo UoNIUGaq TV

‘s[TR19p alowr 10} [GT] [FT] ussuar 99g

LEL
198-TJ[NWI 91TUY ® JO AJI[RUIPIRD p)T =1
01 uy ' 3 ffeurp. q q
LED
(uorporiqns) v (g xew ((v)2q — (v)1g)) HW =ty —1g
LEE
(uoryeuruins) v ((r)2q + (v)1q) HW =29+ 1q
(&317enbo) 9> eqpueiq> g yr g =1
(wotsnour) (P)eq > (v)lq V37A W1 54> 1
(dryszoquiour) T (B)q gt 1930

¥ 2 bpue Sy 529 qese
ssoddng ‘fem premiofiySTeIs Iayjel ® UT §}9§-13 NUI 0} PIPULIXD 9q URD siojeiado
198 91} JO }ISOJA .mawwuﬁﬁda uo mﬁoﬂdmwmo IUI0S wUSUOHﬁ: MOU DA .Qomumgﬁwa

‘SHY jo slaquiaul oI V) pue py +o¢ + 97 + vT
P42+ 9+ ‘vg sips-ymu oy {99v} = ¥ 198 oYy s[dwexs 10] Iapisuoy)

1 2=1
n(0)q

Z/Uans [ewioy ayy £q SAy S g jes-nynul ' juesaider usjjo
apm (p 10) ¥y £q pajousp st jes-iynur £3duwie SYJ, '} I9A0 §198-T)[NUIL [[B JO 198 oY)
ST SNy " 19S-TJ[NUI 9} UT D JO $90ULIINDII0 JO IDQUINT 373 ST (P)q WYY ¥ S 0 JT 'NI
— F D q 91 N 0}V WIOIJ UOTIOUN] ® 8T ‘Y 198 ® 1940 ‘¢ 19s-T)[NUW ¥ *UO)IUYa(

‘([#1] wesuar) £10a1y jo8
JO UOISUDIX3 [RINjRU © ST £1001) Seg Fvg ST JoS-I}[NUL 10} pIoM ISYOUY ~JUSUIS[D

MIIJO "'V'IN ANV LSTVV 43d NVA 'd WM (44

STIRS 91} JO $90USIIN000 S[dT}[NLUI SMO[[® }9§-T3TNUI ® ‘498 B OYI[UN ‘ISASMO] '9SISATUN
STIOS JO }9§QN§ SUIRS 21} ISAO SIUSTISTD JO UOTIDS[[0D ® ST ‘198 ® OYI[ Yas-1ynui V¥

sps-HIMN TV

‘[¢] ut pajussard sem UOTIUYOP STYJ, "SUOIIRIAI PUR §19§-T}[NUI ‘SUOTIOUN] S YONS
‘§TII9) [ROTJRUISYJRUI UT §351 1138 PIINO[OD PATIT} [RAISIUT SUYSD aMm TOTIOIS SIY} UT

uonIuye (] [eULIO]

xipueddy

‘0861 ‘z8-79 seSed ‘vunpospyoaty wamdwioy uo dnour) psauspuf wioads oY fo
voyponqng Aluaraond Jo (g)g swumioa ‘aunpoapyosy wapndwio uo wnsodwhis ppnuun Yy, ayp
Jo s6uipaaoos g U] ‘UWOTIRN[RAF 2OURULIOLIS J ATRUTII[2I] PUe 812N 1119 PATWIL], ‘YoIoqny ‘' AL “LE
"g86T auny ‘uuog ‘spap e g fo fisoay [ pup suonpoyddy uo 2ouasafuoy) PUOHDULIIUT
Y10T 21 fo sbupaavosg U] ‘uvorjersus8 sveds a1e)s PadMpal I0f §198 UIOQQNIG CLIRUI[RA 'Y ‘97
“LLBT ‘WepIa)sUY ‘SIaYSIIqn
20ueTog TataRsTH '¢6-GL seded {(LL6T ‘Buaqsapopn prg-uuog) swapshs sapnduioo bunonypas pun
Buyyapows ‘Busansvapy L DM JIJ] wnisodwhs ppuonpusspuy pasyf ayr fo sbuipasoosg
{81091pa ‘aqueel) *§f pUe IouTlag ‘[ UJ ‘UoTjen[eas adueuriofad 10 s1a N 1119 Jo 98] "STeJIS ‘[ *GF
‘G861 ‘SPTD poomo[3uy eH-22IURI] uononposul un (sou g 3y M FE
‘¢L61 ‘e8puqurey; ‘A8ofouta], Jo #INITISU] s1jesTPesSSRIN ‘SISO (QUJ ‘SION 149
pawit ], Aiq swiopshs 1uaaanouoy) snouosyoulisy fo uonpnypag sounuwisofsa ‘TuepURPWRY ‘D ¢T
“(5D§) wonemug 12 ndwmog go
£19100G "pEET 2uN[ ‘euc[EdIRqg ‘117-L07 seSed ‘wousssfucomnpy uonvinwng uvadosng YT
ayy fo sbuipaadoug ‘s1031pa ‘Teqnp ‘] pUe UYOSeny) 'y U] ‘suolje)s Lemyrel jo adueuriojred
571 @7enyess 0] [00] UOIIR[NUIIS Paseq 10U LIjed Y "IS[RY Iop wea "J'IN'AA PUe YpO "V'IN ‘2%
'¢661 ‘(3x0daa reutaqur) gN suonouUns
poy fo nofing yovdf, ayy fo aounwisofaag ayr appmppag op j0op uonpnws PO VN 'TC
‘1661 ‘wosoypury ‘ASofouta], Jo AIISIPATU() USAOTPUIY ‘STSAT[Y 8, I1sRI
+so1981807 woTgoNpord o9 1oadsar yIm suorjesywads poadgxy Jo sisheue NJII AP0 "V'IN ‘0%
6861 1Ay ‘085-TF: (F)LL
‘qadar ayr fo sbuipasoosg ‘suorjeorddy pue sisfjeuy ‘serpredorg :sjeN M3ed ejeiniy I, 6T
10k maN ‘Serrep-1e8undg ‘78l ‘utpreg ‘ore-T0¢ sefed ‘9pyoruaqyong
yypwsofur Jo gg ewmioa ‘doysysom uvadoang puooas ayy puv psaf ayy wosf seadnd papoa)as
: s1u wupag fo fiuoayy puv wonronddy ‘sioqipe ‘Sistey pA pue Jmeln ‘O Ul RN WRd
posi[etauad © Jo sJUELIRAUT @ UTR1q0 07 TITILIode 9se] pue o[dUlls Y "eA[IS ‘[N PUe ZoUTWRIA ‘[ *QT
F86T Le]N ‘771-¢6:(2)7 ‘swarshy
aopnduwioy) B0 SUONOVSUDLT, DY "SUIIsLG 108520 0IdT)NIA] JO UOTIeN[eA]] 20URULIOLIS ] 9T} 10]
810N LI119J J118eY20]G PIST[RIATLL) Jo sse[D Y "2JUod "D pue ‘oqreq 'O ‘meste[y suowily ‘] ‘LT
‘ssaag L1ero0g mendwon HHMI G861 ‘outio], ‘)8-0¢ seded ‘spapnr
wpa g pawit], uo doysyso) (puonvusdu ayp fo sbuspaavosg ul Suruii], o19seTP01G YITM 810N
wWed UQ CURWnD Y pue ejuod D ‘elong) D ‘olqqoq "y ‘oqred ‘D ‘westely suowily ‘Y 9T
g66T ‘NI10L maN ‘Serep -18unidg -soustog teqnduror) Tedrjetost], uo sydeifouour
SOLVH 2sn ppononad pup spoypows sisfiypun ‘spdaduoo 01spg ") N 1449 PaIN0J0) WSTR[ 3 “GT
‘0661 ‘N10x mopN ‘Seprop -1o8unidg 91p-zHe seded ousiog
aspndusoy) Ut $§3)0 N7 240057 JO £QF SWIN[OA ‘PEET SI9N ipaJ Ut s20upapy ‘107Tpe ‘Srequezoy "5
u] stsheny pue udisa weyskg 10y o8enue pas] ST v 819N Mo PRINo[o) ‘ULSUAL Y HT

1% SNOILVLS AVMIIVY d0 SISATVNY dESVE LAN IdLdd



‘g 0% ¥ woyy suorpouny Terpted [[e jo 39S 2} $R0UIP G £ ¢
‘[#1] wesuep wioxy pajdope weeq sey woryelou SIJ, ‘T
(2ot =N T

§910 N

Te] pue [g] ur
waAT8 are [apout NJOLI 24} Jo (Inotaryaq oTureusp oy} '9'1) SOIJURUILSS [RULIOJ S1 T,
(g1
‘[£1] ussuar 99s) XIIjRUI-J)) ® JO UOLIIUYSD o1} SI[qUIaSAT UOT}IUYaP STU} »m:ozmﬁszw
90USPIOUT JO PRIYSUT UOIJOUNJ UOTIISURI} ® pueR SUTUIl [RAISJUT o1} woll jredy
‘§}UaTIale AURI AT9JTUY UTRIUOD SULY0) paonpold Jo 19s-14[nUI 21} pue
ST2Y0} PAUINSUOD JO $98-T}[NUI o1} 10q R} 2Itnbal om ‘Toded s1y) u ‘[ealsjur ue £q
poytoads £e[ap ® 2Rl suayo) paonpold o1} JRY} 9J0N PI[QRUS ST § UOT}ISTURI} YOI M
0 UOT}IPUOD 9} $2q110sap (1) JO UTRMWIOP 9], 'SuUsyo} paonpold Jo jos-T)[nur 2y}
pUR SUSYO} PAUINSUOD JO J9S-I}[NUI 9} Uaam)aq uolye[al a1} saytoads (1) ‘3 uonyis
-uel) & 104 ‘NJOLI 29U} Ul Uorjisuel) yoes sayroads uorjouny uotyisuwery a1, (1a)
‘USY0} 91} JO 9N[RA 13 ST 4 PUR UIYO} 31} JO
uonysod a3 s1d a1atm {a ‘d) sired [[e "a'T ‘SUSY0} PAINO[OD B JO 498 33 ST 1,1 (4)
do3a
'9'T ‘198 ST1} JO JUSWISTS TR ST UOTYM 2 NTRA B 2ARY jsnul d Ul SUTPISSI UsY0) ® 1B}
SURIUI STU[} PUE }1 0 PaUd®R}JR SINOTOD PIMO[® JO Jas ® sy 4 O d 2or[d yoey (A1)
P=1Iud
"9°T ‘s1as JuIOfSTp om) Aq PaqLIdsap oI suoljisuel) pue sedeld oy, (1) pue (1r)
‘sooe(d 917} Jo auo
0} patorijR 2q ARUI YDTYM SINOJ0D Jo jas & s1 adA) yoey ‘sadfy Jo jos ® s1 X (1)

SW(INI X ID) 4 SW1o 3 (14

£ UAYY
‘I D 2 JI 'SUOLIOUNJ OJUI J, WIOIJ PIUYSp SI )] 'UOIJOUNY UOIIsueI) o) ST 7 (14)

"sU9Y0} Paanofod a[qissod (e Jo jes s st {(d)p 30 v g3 d| (e'd)} =10 (a)
‘R4 d 30 91T O 4 W0} Pauyap ST ) "UOIIdUN] IN0J0d B ST 5 (A1)
‘SUOT}ISTRTY JO Jo5 241y ® 81 J (11T)

'sooerd Jo 198 ayuy e st 4 (11)

‘)38 IN0J0d paf[es ‘sadf) Jo jes ayuy v ST I (1)

‘spusuraltnbal §uimoryoy a3 Sukysues (‘0 ‘L'd ‘R)
= NdDLI 21dn1 247 ® ST 19N [499J POINO[0) PIWIL], [BAIIU] UY ‘UOIHUYA(

(Y4 SNOILVLS AVMIIVY d0 SISATVNY dESVE LAN IdLdd



